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Notes on the paper ‘‘Fixed point theory for set-valued quasi-contraction
maps in metric spaces’’ by A. Amini-Harandi
In [1] the following theorem is proved.
Theorem 1. Let (X, d) be a complete metric space, T → CB(X) a k-set-valued quasi-contraction with k < 1/2. Then T has a
fixed point.
The author defines a set-valued quasi contraction as one which satisfies
H(Tx, Ty) ≤ kmax{d(x, y), d(x, Tx), d(y, Ty), d(x, Ty), d(y, Tx)}. (1)
Note that
kd(x, Ty) ≤ k(d(x, y)+ d(y, Ty)) ≤ 2kmax{d(x, y), d(y, Ty)},
and that
kd(y, Tx) ≤ k(d(x, y)+ d(x, Tx)) ≤ 2kmax{d(x, y), d(x, Tx)}.
Since 2k < 1, (1) implies the inequality
H(Tx, Ty) ≤ hmax{d(x, y), d(x, Tx), d(y, Ty)}, (2)
where h = 2k, and (2) is a special case of inequality (6) of [2], which is
H(Tx, Ty) ≤ hmax{d(x, y), d(x, Tx), d(y, Ty), [d(x, Ty)+ d(y, Tx)]/2}.
Therefore the Theorem of [1] is a special case of Theorem 2 of [2].
References
[1] A. Amini-Harandi, Fixed point theory for set-valued quasi-contraction maps in metric spaces, Appl. Math. Lett. 24 (2011) 1791–1794.
[2] Ljubomir B. Ćirić, Fixed points for generalized multi-valued contractions, Math. Vesnik 9 (24) (1972) 265–272.
B.E. Rhoades∗
Department of Mathematics, Indiana University,
Bloomington, IN 47405-7106, United States
E-mail address: rhoades@indiana.edu.
6 July 2011
∗ Tel.: +1 812 855 1358; fax: +1 812 855 0046.
0893-9659/$ – see front matter© 2012 Elsevier Ltd. All rights reserved.
doi:10.1016/j.aml.2011.12.035
